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ABSTRACT

State forecasting plays a critical role in power system moni-
toring, by offering system awareness even ahead of the time
horizon, enhancing system observability, and providing effi-
cient identification of the grid topology and link parameter
changes. However, available approaches relying on linear es-
timators or single-hidden-layer feed-forward neural networks
(FNNs), cannot capture long-term nonlinear dependencies in
the voltage time series, and lead to suboptimal performance.
To bypass these hurdles, this paper advocates deep recurrent
neural networks (RNNs) for power system state forecasting.
Deep RNNs capture long-term dependencies, and are easy to
implement. By also leveraging the physics behind power sys-
tems, a novel architecture based on prox-linear nets (RPLN)
is further developed for state forecasting based on past mea-
surements. Simulated tests show improved performance of
the proposed RNN and RPLN predictors when compared to
FNN and vector autoregression based alternatives.

Index Terms— Power system state forecasting, recurrent
neural network, recurrent prox-linear net, data validation.

1. INTRODUCTION

Power grids are currently facing major challenges related to
rapid voltage fluctuations due to massive integration of elec-
tric vehicles, and intermittent generation of renewable energy.
As a result, monitoring and tracking system states becomes
increasingly critical, not only for system protection [15], but
also for energy management [17]. To that end, static power
system state estimation (PSSE) that aims at recovering all
nodal voltages from a subset of related measurements, must
be revisited to account for variations in the state when PSSE
results become available to the system operator [15]. In addi-
tion, PSSE works well only if the grid topology and link pa-
rameters are perfectly known, and there are enough measure-
ments ensuring system observability. To cope with unknown
dynamics and create extra voltage measurements, power sys-
tem state forecasting is well motivated.

Power system state forecasting has been pursued using
Kalman filtering with an identity state transition matrix [2].

This work was supported in part by NSF grants 1508993, 1509040, and
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To improve prediction performance, (block) diagonal transi-
tion matrices that are updated as new measurements become
available, have been also considered [8,11]; see also [9] for a
recent approach to state prediction based on first-order vector
auto-regressive (VAR) modeling. All aforementioned predic-
tors however, assume a linear state transition function; yet the
dependence of system state on previous states is often nonlin-
ear (quadratic with power measurements).

To render nonlinear estimators tractable, state forecasting
based on feed-forward neural networks (FNNs) has been sug-
gested with the state transition map modeled by a single hid-
den layer [3,4]. Once trained off-line using past data, the FNN
enables real-time state forecasting at affordable complexity in
the operational phase. Unfortunately, the number of FNN pa-
rameters grows linearly with the length of input sequences,
which either discourages FNNs from capturing long-term de-
pendencies in time series of voltages, or, lowers forecasting
performance when short-term memory is adopted.

In this context, we advocate deep recurrent neural net-
works (RNNs) that are well poised to forecast power system
states from time-series measurements. Deep RNNs can cap-
ture complex nonlinear dependencies present in time series
data, they involve a fixed number of parameters even with in-
put sequences of variable length, and are easy to implement
using publicly available platforms such as ‘TensorFlow.’ Per
time slot t, the deep RNN leverages an estimate of the current
state vt to predict vt+1. However, estimating vt using opti-
mization methods can be time consuming, which may hamper
scalable and efficient state forecasting. To bypass this limita-
tion, we further introduce what we term recurrent prox-linear
nets (RPLNs), which nicely wed prox-linear nets with RNNs,
to predict system states based on past measurements. With-
out our novel combination with RNNs here for state forecast-
ing, prox-linear nets were recently developed in [19] for static
PSSE by unrolling the corresponding solver [14]. Numerical
tests on real data will be also presented to corroborate the mer-
its of the developed deep RNN and RPLN approaches relative
to existing alternatives.

Regarding notation, lower- (upper-) case boldface letters
represent column vectors (matrices). Symbol > (H) stands for
matrix (conjugate) transposition. Finally, sets are represented
by calligraphic fonts.
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2. METHODOLOGY

Consider a power network comprising N buses, modeled
as a graph G := {N , L}, where N := {1, . . . , N} and
L := {(i, j)} ∈ N × N collect all buses and edges, re-
spectively. Per bus n ∈ N , let Vn := |Vn|ejθn be its
voltage phasor, and Sn := Pn + jQn its complex power
injection, with Pn (Qn) denoting the active (reactive) power
injection. Per line (i, j) ∈ L, let Sf

ij := P f
ij + jQf

ij de-
note the complex power flow at the ‘forwarding’ end with
P f
ij (Q

f
ij) representing the active (reactive) power flow. Like-

wise, let Se
ij , P e

ij , and Qe
ij denote the complex, active, and

reactive power flows at the ‘terminal’ end of edge (i, j).
To perform system state forecasting, suppose that Mt sys-
tem variables are measured at time t. For brevity, let zt :=[
{|Vn,t|2}n∈No

t
, {Pn,t}n∈No

t
, {Qn,t}n∈No

t
, {P f

ij,t}(i,j)∈Eo
t

,

{Qf
ij,t}(i,j)∈Eo

t
, {P e

ij,t}(i,j)∈Eo
t
, {Qe

ij,t}(i,j)∈Eo
t

]>
concate-

nate all observed quantities at time t, where the sets N o
t and

Eo
t signify the locations where the corresponding nodal and

line quantities are measured.
Per time t, given measurements zt along with corre-

sponding measurement matrices, the system state vt ∈ CN

can be estimated using standard static PSSE modules [15,19].
The obtained time-series {vτ}tτ=0 can be subsequently used
to predict the system state at the next time step, namely,
vt+1 [3]. Mathematically, the estimation and prediction steps
are summarized using the following equations

vt+1 = φ(vt,vt−1,vt−2, . . . ,vt−r+1) + ηt (1)
zt+1 = ht+1(vt+1) + εt+1 (2)

where r ≥ 1 denotes the number of lagged states used to pre-
dict vt+1; {ηt, εt+1} account for modeling inaccuracies and
measurement noise; φ is an unknown function describing the
state transition map, and ht+1(·) is the measurement function
at time t+1. To perform state forecasting, we need to estimate
φ that we will model using RNNs, as we present next.

2.1. Deep RNNs for Forecasting and PSSE

RNNs are NNs designed to learn from correlated time series
data. They are not only scalable to long sequence inputs,
meaning sequences with large r, but also capable of dealing
with input sequences of variable length [7]. Given input se-
quence {vτ}tτ=t−r+1, and initial state st−r, an RNN finds the
hidden state vector sequence {sτ}tτ=t−r+1 using

sτ = f(W0vt +Wsssτ−1 + b0) (3)

where f(·) is a pre-selected nonlinear activation function
(such as a sigmoid or a rectified linear unit), that is understood
applied to a vector entry-wise, while matrices W0, Wss, and
vector b0 contain time-invariant weight coefficients.

Deep RNNs are RNNs of multiple (≥ 3) processing lay-
ers, which are responsible for learning representations of

Fig. 1: An unfolded deep RNN with no outputs.

time series with hierarchical nonlinear transformations. Deep
RNN-based approaches have dramatically improved upon
the state-of-the-art in diverse sequence processing applica-
tions, such as machine translation and music prediction [7].
One way to construct deep RNNs is by stacking up multiple
recurrent hidden layers one on top of another, as follows [12]

slτ = f
(
Wl−1sl−1

τ +Wss,lslτ−1 + bl−1
)
, l ≥ 1 (4)

where l is the layer index, slτ denotes the so-called hid-
den state of the l-th layer at time τ with s0τ := vτ , and
{Wl,Wss,l,bl} comprise unknown weights. Fig. 1 (left)
shows the computational graph representing (4) for l = 2,
with the bias vectors bl = 0 ∀l for simplicity in depiction,
and the black squares indicating a one-step delay unit. The
unfolded version of this graph is in Fig. 1 (right) with rows
representing layers, and columns corresponding to time slots.

The RNN output can come in various forms, including
one output per time step, or, one output after a sequence of
steps. The latter matches the rth-order nonlinear regression
in (1). Concretely, the output of our deep RNN is given by

v̌t+1 = Woutslt + bout (5)

where v̌t+1 denotes the forecast of vt+1, and Wout and
bout contain weights of the output layer. Given historical
nodal voltage time series, {Wout,bout,Wl,Wss,l,bl} can
be learned end-to-end using a back-propagation solver [7].

Although the focus here is on one-step forecasting, it is
worth stressing that with minor modifications, our proposed
approaches can be adapted to predict the power system states
multiple steps ahead.

So far, we have seen how RNNs enable nonlinear pre-
dictors for power state forecasting, that is how past voltages
and (4) can yield v̌t+1 in (5). In addition, v̌t+1 can be em-
ployed as a prior to aid PSSE when a new measurement zt+1

becomes available, by solving a regularized problem as

v̂t+1 := argmin
vt+1

`1(zt+1−ht+1(vt+1))+λ`2(vt+1−v̌t+1)

(6)

where `1(·) and `2(·) are pre-selected fitting loss functions,
e.g., least-squares or least-absolute-value errors, and λ is a
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Fig. 2: Prox-linear net with 6 hidden layers.

regularization parameter. When λ > 0, the prediction v̌t+1

serves as an additional set of virtual (a.k.a. pseudo) measure-
ments, which are known to improve system observability. The
minimization in (6) is carried using off-the-self PSSE solvers;
see e.g., [15, 19]. One remark is now in order.
Remark 1. A forecasting-aided PSSE approach based on
FNNs with a single hidden layer, was introduced by [3]. It can
be viewed as a special case of (6), which broadens the class of
nonlinear predictors with memory by invoking RNNs. As will
be seen in our numerical tests, forecasting performance im-
proves considerably leveraging the deep RNNs. Our regular-
ized PSSE in (6) is also reminiscent of the predictor-corrector
estimator form emerging with dynamic state estimation prob-
lems using Kalman filters.

2.2. Deep RPLNs for Computational Efficiency

The RNN-based approach of the previous section is attractive
provided that (6) can be solved efficiently. But with power
measurements being quadratic functions of voltages, the fit-
ting loss function in (6) is nonconvex. As a result, conver-
gence and performance of iterative solvers relies critically on
the initialization [16]. To cope with these challenges, we de-
signed deep FNNs for PSSE in [19], by approximately lin-
earizing the nonconvex loss in (6) per iteration.

Here we will design related prox-linear nets (PLNs), but
for deep RNNs. To this end, consider the 6-layer PLN in
Fig. 2, where z is the input measurement vector, N in all
green blocks represents the pre-selected entry-wise nonlinear
activation functions, such as rectified linear units (ReLU),
‘tanh’, or soft-thresholding operator; while b0, {Sk}lk=0,
{Wl

k}
1≤l≤3
0≤k≤1, and {Bk}1k=0 contain weights learned in the

training via backpropagation. Relative to conventional FNNs,
the developed PLN features ‘skip-connections’ (the bluish
lines on top of Fig. 2) that directly connect z to intermedi-
ate/output layers. Such connections have been empirically
shown to improve training efficiency of FNNs [10, 19].

After training our PLN off-line using historical and/or
simulated data, we will employ it to approximately solve (6)
in real time. As with the FNNs in [19], this will markedly im-
prove computational efficiency of our RNN-based forecasting
and PSSE. When inferring v̌t+1 at time t, our PLN-based ap-
proach proceeds in two stages: the first stage yields the PLN-
based estimate v̂t; and the second stage uses {v̂τ}tτ=t−r+1

as input to the trained RNN described in Sec. 2 to obtain
v̌t+1. Note that PLN and RNN parameters here are learned
separately. Recent studies however, suggest that end-to-end
learning, which refers to the deep learning approaches where
all parameters are learned jointly, leads to improved per-
formance [7, 13]. Prompted by this, we will connect the
PLN output directly with the RNN input, and train the two
networks jointly. Fig. 3 shows our novel network that we
naturally term recurrent prox-linear net (RPLN). Note that
PLN parameters in Fig. 3 are also time-invariant, and they
can be initialized using the learned PLN parameters in [19].

Fig. 3: An unfolded recurrent prox-linear net with no outputs.

Remark 2. Besides PSSE, state forecasting can aid sys-
tem observability by providing extra (pseudo) measure-
ments [5, 18]. It can also facilitate grid topology and link
parameter identification (see e.g., [6]). Indeed, if a topol-
ogy change between t and t + 1 is not reported, the op-
erator has only outdated information about the state-to-
measurement map ht+1(·) in (2), which adversely affects
v̂t+1. As a result, entries of the measurement residual vector
ρt+1 := zt+1 − ht+1(v̂t+1) cannot reveal this change. On
the other hand, topology changes have no effect on the fore-
cast v̌t+1, but certainly influence the so-termed measurement
innovation vector [3]

νt+1 := zt+1 − ht+1(v̌t+1). (7)

Statistical analysis of νt+1 and ρt+1 can unveil and remove
erroneous data; see [3] for an overview. In a nutshell, the
benefits of our RNN and RPLN based forecasting permeate to
critical power system tasks, including PSSE, observability, as
well as identification of topology and link parameter changes.
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Fig. 4: Forecasting errors in voltage magnitudes and angles
for all 57 buses at test instance 100.

3. NUMERICAL TESTS

Performance of our deep RNN and RPLN methods was evalu-
ated using the IEEE 57-bus test system. To obtain the training
and testing time series, real load data provided by the 2012
Global Energy Forecasting Competition 1 were used. The se-
ries of loads was subsampled, and subsequently normalized to
match the scale of power demands in the system. The MAT-
POWER toolbox [20] was employed to solve the AC power
flow equations from the normalized load series, to obtain the
actual voltage time series {vτ}, and generate the measure-
ment time series {zτ} that consists of all active (reactive)
power flows at the forwarding end of each line and voltage
magnitude. Concretely, time series {(zτ ,vτ )}7674τ=0 were ob-
tained, where the first 80%

(
{(zτ ,vτ )}6174τ=0

)
time instances

were used for training, while the remaining ones were kept
for testing. The forecasting performance of deep RNN and
RPLN based approaches was assessed in terms of the normal-
ized root mean-square error (RMSE) defined as ‖v̌−v‖2/N ,
in which v is the actual voltage profile, and v̌ the estimate
found by the deep RNN or RPLN.

Specifically, deep RNNs with l = 3, r = 10, and ‘tanh’
activation functions were simulated, whereas the RPLN was
formed by combining a 6-hidden-layer PLN with the afore-
mentioned RNN. The number of hidden units per layer in both
RNN and RPLN were kept the same as the input dimension,
namely 57 × 2 = 114. For comparison, the single-hidden-
layer FNN [4], and a VAR(1) model [9] based state forecast-
ing approaches were adopted as benchmarks. Note that the
proposed deep RNN approach has 52, 440 parameters, while
the single-hidden-layer FNN has 143, 184 parameters. All
NNs were trained using ‘TensorFlow’ [1] on a NVIDIA Ti-

1https://www.kaggle.com/c/global-energy-forecasting-competition-
2012-load-forecasting/data.
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Fig. 5: Forecasting errors in voltage magnitudes and angles
for bus 27 from test instances 100 to 120.

tan X GPU of 12GB RAM. The weight matrices of all NNs
were learned by running the ‘Adam’ optimizer for 100 epochs
with a start learning rate of 10−3. The forecasted state us-
ing the VAR(1) model can be expressed in closed form [9].
With regards to estimation performance, the average RMSEs
over 1, 500 testing instances for the deep RNN, RPLN, FNN
and VAR(1) are 0.2172, 0.2694, 0.2958, and 0.6772, respec-
tively. Evidently, these numbers confirm the markedly im-
proved performance of our deep RNN approach. Although
our RPLN approach predicts the voltage directly from past
measurements {zτ}, it achieves competitive performance rel-
ative to FNN and VAR(1). The true voltages and the fore-
casted ones provided by the deep RNN, RPLN, FNN, and
VAR(1) for all buses on test instance 100 as well as for bus
27 from test instances 100 to 120, are reported in Figs. 4 and
5, respectively. Clearly, the deep RNN yields the best perfor-
mance in both Figs. 4 and 5.

4. CONCLUSIONS

This paper dealt with power system state forecasting us-
ing nonlinear prediction based approaches. Specifically, deep
RNNs and RPLNs were introduced for state forecasting based
on past voltages and past measurements, respectively. The
proposed approaches not only account for the long-term non-
linear dependencies present in time-series inputs, but also
they are computationally inexpensive, easy-to-implement,
and fast. Preliminary tests on the IEEE 57-bus benchmark
system using real load data showcase the merits of our devel-
oped approaches relative to existing alternatives.

Our current and future research agenda includes ‘on-the-
fly’ RNN-based algorithms to account for dynamically chang-
ing environments, and corresponding time dependencies.
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