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ABSTRACT

Commonly adaptive filters are used to reduce the acoustic feedback
in hearing aids. While theoretically allowing for perfect cancellation
of the feedback signal, in practice the adaptive filter solution is typ-
ically biased due to the closed-loop hearing aid system. In contrast
to conventional behind-the-ear hearing aids, in this paper we con-
sider an earpiece with multiple integrated microphones. For such an
earpiece it has previously been proposed to use a fixed beamformer
to reduce the acoustic feedback in the microphones which has been
designed to minimize a least-squares cost function. In this paper we
propose to design the beamformer by minimizing a min-max cost
function which directly maximizes the maximum stable gain of the
earpiece. Furthermore, we propose a robust extension of the min-
max cost function maximizing the worst-case maximum stable gain
over a set of acoustic feedback paths. Experimental results using
measured acoustic feedback paths show that the feedback cancella-
tion performance of the fixed beamformer can be considerably im-
proved by minimizing the proposed min-max optimization problem,
while maintaining a high perceptual quality of the incoming signal.

Index Terms— acoustic feedback cancellation, null-steering
beamformer, min-max optimization, hearing aids

1. INTRODUCTION

Acoustic feedback is a common problem in hearing aids which oc-
curs due to acoustic coupling between the hearing aid loudspeaker
and the microphone(s), thus limiting the maximum applicable gain.
Often the acoustic feedback degrades the quality and is perceived as
whistling or howling. Therefore, in order to increase the maximum
gain and increase the sound quality in a hearing aid, robust feedback
cancellation strategies are needed.

Frequently adaptive feedback cancellation schemes are used
to cancel the acoustic feedback, which use an adaptive filter to
model the acoustic feedback path(s) between the hearing aid loud-
speaker and the microphone(s) [1, 2, 3, 4, 5, 6]. Theoretically these
approaches allow for perfect cancellation of the feedback signal.
However, due to the closed-loop system of the hearing aid, the fil-
ter adaptation is usually biased [7, 8]. In order to reduce this bias
several solutions have been proposed for single-loudspeaker single-
microphone hearing aids [3, 8, 9]. Furthermore, several approaches
to improve the feedback cancellation performance using multiple
microphones have been proposed, e.g., by adaptively removing the
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Fig. 1. Considered hearing aid setup.

contribution of the incoming signal in the filter adaptation [5], using
a fixed null-steering beamformer [10, 11] or by using a combined
multi-microphone feedback cancellation and noise reduction scheme
[12, 13].

In this paper we consider the design of a fixed null-steering
beamformer to cancel the contribution of the loudspeaker signal in
the microphone(s) of a newly developed earpiece [15]. Figure 1 de-
picts the design of the earpiece with two closely spaced microphones
and a loudspeaker in the vent and a third microphone located in the
concha. This physical design allows to design a beamformer with
a spatial null in the direction of the hearing aid loudspeaker located
in the vent. Hence, ideally the beamformer provides cancellation of
signals originating from the inside of the ear canal while not (largely)
impacting the incoming signal.

While in [10, 11] we proposed to design the null-steering beam-
former using a least-squares (LS) cost function, in this paper we pro-
pose to compute the null-steering beamformer coefficients by opti-
mizing a min-max cost function. Similar to the min-max design of
filters for adaptive feedback cancellation [16, 17] we show that the
min-max design of a null-steering beamformer for acoustic feedback
cancellation corresponds to a direct optimization of the maximum
stable gain. Furthermore, we propose to increase the robustness of
the min-max null-steering beamformer by computing those filters
that optimize the worst-case performance over a set of different mea-
sured acoustic feedback paths. Results show that the added stable
gain can be considerably improved by this direct optimization of the
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Fig. 2. Generic single-loudspeaker multi-microphone hearing aid
system.

maximum stable gain, while maintaining a high perceptual speech
quality of the incoming signal.

2. ACOUSTIC SETUP

Consider the single-loudspeaker multi-microphone scenario with
M microphones depicted in Figure 2. The mth microphone signal
ym[k] at discrete time k is the sum of the incoming signal xm[k]
and the feedback signal fm[k] = Hm(q, k)u[k], i.e.,

ym[k] = xm[k] + fm[k], (1)

where u[k] is the loudspeaker signal and Hm(q, k) is the acoustic
feedback path between the mth microphone and the loudspeaker.
We assume that the mth acoustic feedback path can be modeled as
an LH -dimensional polynomial in the delay element q, i.e.,

Hm(q, k) = hm,0[k] + · · ·+ hm,LH−1q
−LH+1. (2)

The output e[k] of the fixed beamformer B(q) is computed as

e[k] =

M∑
m=1

Bm(q)ym[k], (3)

which is processed by the hearing aid forward path G(q, k) resulting
in the loudspeaker signal u[k], i.e.,

u[k] = G(q, k)e[k]. (4)

By combining equations (1), (3), and (4), it can be shown that the
closed-loop transfer function of the considered hearing aid system
in Figure 2 is [10]

CT (q, k) =
G(q, k)BT (q)

1−G(q, k)BT (q)H(q, k)
, (5)

with the stacked vectors

B(q) = [B1(q) . . . BM (q)]
T
, (6)

H(q, k) = [H1(q, k) . . . HM (q, k)]
T
. (7)

3. MAXIMUM STABLE GAIN OF HEARING AID SYSTEM

The considered hearing aid setup is stable if the denominator of the
closed-loop transfer function in (5) is larger than 0 for all frequen-
cies ω, i.e., |G(ω)BH(ω)H(ω)| < 1. Assuming a broadband for-
ward path gain G(ω) = G as in [18] the maximum stable gainMi

for the ith measurement of the acoustic feedback paths, i = 1, . . . , I
is given by

Mi =
1

maxω |HH
i (ω)B(ω)|2

, (8)

where Hi(ω) is the stacked vector of the frequency responses at
frequency ω of each microphone of the ith measurement and B(ω)
is the stacked vector of the frequency responses of the beamformer
in each microphone, i.e.,

Hi(ω) = [H1,i(ω) . . . HM,i(ω)]
H
, (9)

B(ω) = [b1(ω) . . . bM (ω)]
H
. (10)

Furthermore, we defined the overall maximum stable gain for a con-
sidered set of I measurements as

M = min
i
Mi, i = 1, . . . , I. (11)

4. MIN-MAX DESIGN

In this section we will first review the LS null-steering design pro-
posed in [10] and propose two new alternatives to design the null-
steering beamformer that aim at maximizing the maximum stable
gain in (8) and maximizing the overall maximum stable gain in (11).

In [10] it was proposed to compute the optimal beamformer co-
efficients for a single set of measured acoustic feedback paths by
minimizing the following LS cost function

min
b

‖H̃Tb‖22

subject to bm0 = [ 0 . . . 0︸ ︷︷ ︸
Ld

1 0 . . . 0 ]T , (12)

where H̃ is the (MLB) × (LB + LH − 1)-dimensional matrix of
concatenated (LB)×(LB+LH−1)-dimensional convolution matri-
ces H̃m and b is the MLB-dimensional vector of the concatenated
LB-dimensional beamformer coefficient vectors bm, i.e.,

H̃T =
[
H̃T

1 . . . H̃T
M

]
, (13)

b = [b1 . . . bM ]
T
. (14)

The constraint in (12) is added to avoid the trivial solution of b = 0
and essentially selects a reference microphone m = m0 in which
the feedback is cancelled by using the remaining microphones, with
Ld a delay to account for acausalities.

While optimizing the cost function in (12) may lead to reason-
able performance in terms of the maximum stable gain, it is not di-
rectly related to the maximum stable gain. Therefore, we propose to
design the null-steering beamformer such that it directly optimizes
the maximum stable gain defined in (8). Maximizing the maximum
stable gain corresponds to minimizing the denominator in (8), which
can be formulated as the following min-max optimization problem

min
b

max
ω

|HH(ω)B(ω)|2

s.t. bm0 = [ 0 . . . 0︸ ︷︷ ︸
Ld

1 0 . . . 0 ]T (15)
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where H(ω) and B(ω) are defined in (9) and (10). The min-max
optimization problem in (15) can be approximated as the following
linear programming problem [19]

min
b

t

s.t. t ≥ 0

|cT (ω)HTb| ≤ t ∀ω
|sT (ω)HTb| ≤ t ∀ω
bm0 = [ 0 . . . 0︸ ︷︷ ︸

Ld

1 0 . . . 0 ]T

(16a)

(16b)

(16c)

(16d)

(16e)

where c(ω) and s(ω) are defined as

c(ω) = [1 cosω . . . cos(LB + LH − 1)ω]
T
, (17)

s(ω) = [0 sinω . . . sin(LB + LH − 1)ω]
T
, (18)

essentially computing the real part and imaginary part of the fre-
quency response in (16c) and (16d), respectively. The frequency
response is then evaluated over a dense grid of Q frequencies. The
linear programming problem can be efficiently solved using existing
convex optimization toolboxes like CVX [20, 21].

In order to improve the robustness we further propose to maxi-
mize the overall maximum stable gain as defined (11), which can be
formulated as the following min-max optimization problem

min
b

max
ω,i

|HH
i (ω)B(ω)|2

s.t. bm0 = [ 0 . . . 0︸ ︷︷ ︸
Ld

1 0 . . . 0 ]T (19)

Note that the optimization problems in (15) and (19) are equivalent
when only a single (I = 1) set of measurements is considered. Sim-
ilar to the min-max optimization problem in (15) the min-max opti-
mization problem in (19) can be approximated as a linear program-
ming by optimizing over all ω and i, i = 1, . . . , I .

5. EXPERIMENTAL EVALUATION

In this section the performance of the proposed min-max null-
steering beamformer designs are evaluated when using M = 2 (i.e.,
m = 1, 2) or M = 3 (i.e., m = 1, 2, 3) microphones and compared
to the LS null-steering beamformer proposed in [10]. We consider
both the ability to cancel the acoustic feedback in different acoustic
scenarios as well as the resulting distortion of the incoming signal
x[k] due to the beamformer.

5.1. Setup and Performance Measures

Acoustic feedback paths were measured for the three-microphone
earpiece depicted in Figure 1 on a dummy head with adjustable ear
canals [22]. The impulse responses were sampled at fs = 16 kHz
and truncated to length LH = 100. Measurements were performed
in an acoustically treated chamber. Figure 3 shows exemplary ampli-
tude responses of the measured acoustic feedback paths for the three
different microphones and for two different acoustic conditions. In
total 20 different sets of acoustic feedback paths were measured, i.e.,
the earpiece was repositioned on the dummy head 10 times and for
each repositioning feedback paths were measured in both free-field,
i.e., without obstruction, and with a telephone receiver in close dis-
tance to the ear. The forward path of the hearing aid was of the set
to G(q, k) = q−961045/20, corresponding to a delay of 6 ms and a
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Fig. 3. Amplitude response of the measured acoustic feedback paths.
Continuous lines show exemplary feedback paths without any ob-
struction (i.e., in free-field), dashed dotted lines show an exemplary
responses after repositioning of the earpiece, and dashed lines show
the acoustic feedback paths in the presence of a telephone receiver.

broadband amplification of 45 dB. For all experiments the reference
microphone m0 = 2, i.e., the microphone located at the outer phase
of the vent, was chosen as it provides a natural position for sound
pickup likely including all relevant perceptual cues, Ld = LB/2
and Q = 2048.

We evaluated the feedback cancellation performance of the
beamformer using the added stable gain (ASG) [8] and the percep-
tual quality using the perceptual quality of speech (PESQ) measure
[23]. The ASGi of the ith set of measurements for the considered
hearing aid setup is computed as [8]

ASGi = 20 log10Mi − 20 log10
1

maxf |Hi,m0(f)|
, (20)

where the second term is the maximum stable gain in the reference
microphone m0 without applying the beamformer. Furthermore, we
define the overall ASG as

ASG = min
i

ASGi. (21)

The reference signal for the PESQ measure was the incoming
signal xm0 [k] in the reference microphone, while the test signal was
the error signal e[k] after applying the beamformer. As a speech
signal we used sentences from the TIMIT database [24], where we
concatenated 26 sentences spoken by 4 different speakers resulting
in an 80 s long signal. The distance between the external source and
the dummy head was 1.2 m.

5.2. Experiment 1: Optimal Performance

In the first experiment we evaluate the optimal performance of the
proposed beamformer design methods using the overall ASG and
the PESQ measure. The beamformer coefficient vector was com-
puted using the acoustic feedback paths measured in free-field, re-
sulting in 10 different beamformers for the optimization methods in
(12) and (15), or using all available measurements, resulting in a
single beamformer for the optimization method in (19). Figure 4
depicts the overall ASG for the proposed min-max cost functions
optimizing the MSG in (15) and (19) as well as the LS cost function
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Fig. 4. Overall ASG for different numbers of microphones and
beamformer design methods as a function of the beamformer length
LB .

Table 1. Worst-case PESQ scores for different numbers of micro-
phones and cost functions as a function of the beamformer filter
length LB .

LB = 16 LB = 32 LB = 48

M = 2 LS in (12) 4.44 4.43 4.40
MM in (15) 4.43 4.43 4.40
MM in (19) 4.42 4.43 4.40

M = 3 LS in (12) 4.27 4.27 4.14
MM in (15) 4.20 4.15 4.08
MM in (19) 4.25 4.23 4.19

proposed in [10]. As can be seen all design methods lead to large
ASGs. Moreover, it can be observed that for I = 1 the min-max op-
timization outperform the LS optimization by approximately 4 dB.
As expected the performance is reduced when using I = 10 com-
pared to I = 1. Furthermore, using M = 3 leads to an increase in
performance compared to using M = 2.

Table 1 shows the worst-case PESQ scores, i.e., the minimum
PESQ score obtained for the different measurements. As can be seen
all PESQ scores are above a value of 4.0 indicating that the quality of
the processed incoming speech signal is not significantly influenced
by the proposed null-steering beamformer design methods.

5.3. Experiment 2: Sound field variations

In the second experiment we evaluate the robustness of the pro-
posed null-steering beamformer design methods against the com-
bined change of internal and external sound field variations, as it
has been shown that these may significantly alter the acoustic feed-
back paths [25]. We consider two different sets for computing the
beamformer coefficient vectors: a) I = 1, for the design methods
in (12) and (15) where the performance measures are computed as
the minimum performance for the remaining nine acoustic feedback
paths measurements, and b) I = 9, where the evaluation is per-
formed using the tenth acoustic feedback path measurement that was
not included in the optimization, i.e., a leave-one out cross validation
approach. Note that the beamformer coefficients were computed us-
ing the free-field measurements and evaluations were performed in
the presence of a telephone receiver.

Figure 5 shows the overall ASG, indicating that the perfor-
mance is drastically reduced when only a single set of measurements
(I = 1) is used to compute the beamformer coefficients, while using
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Fig. 5. Overall ASG as a function of the beamformer filter length
LB when the beamformer coefficients are optimized using the free-
field measurements and evaluations are performed using the tele-
phone measurements.

Table 2. Worst-case PESQ scores for different numbers of micro-
phones and cost functions as a function of the beamformer filter
length LB when the beamformer coefficients are optimized using
the free-field measurements and evaluations are performed using the
telephone measurements. US indicates an unstable system.

LB = 16 LB = 32 LB = 48

M = 2 LS in (12) 4.42 4.41 4.39
MM in (15) 4.41 4.41 4.39
MM in (19) 4.41 4.41 4.40

M = 3 LS in (12) US 4.27 4.14
MM in (15) US US US
MM in (19) 4.20 4.20 3.98

I = 9 leads to a robust overall ASG of at least 15 dB. Furthermore,
it can be observed that using M = 3 is generally less robust to
changes in the acoustic sound field than using M = 2. This is in
contrast to Experiment 1 where using the third microphone led to an
increase in performance. Table 2 shows the worst-case PESQ scores
indicating a high perceptual speech quality with PESQ scores larger
than about 4, when the system is stable. These results indicate the
benefit of the proposed design method when robustly optimizing the
overall maximum stable gain.

6. CONCLUSION

In this paper we proposed a fixed beamformer to perform acoustic
feedback cancellation in an earpiece with multiple integrated micro-
phones by steering a spatial null in the direction of the hearing aid
loudspeaker. We proposed to directly optimize the maximum stable
gain of the hearing aid, which leads to a min-max optimization prob-
lem. We proposed two different approaches, where first we only use
a single measurement to compute the null-steering beamformer and
second we optimize over set of multiple measurements to increase
the robustness when optimizing the overall maximum stable gain.
Experimental results using measured acoustic feedback paths show
that the proposed (robust) optimization approaches lead to a large
added stable gain, while maintaining a good perceptual quality. The
proposed robust approach performs well even if a telephone is close
to the ear or the earpiece is repositioned.
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